
TASHI WALDE 21 .
08 .202

Assembly of constructible

factorization algebras
based on joint work with( E

.
Karlsson and C

.

I
.

Scheimbauer
Factorizationalgebr

Commentions : (2 , x) symm monoidal to-cut
-

Q pres. Whine in each runiale

*
,
Y,
z Hausdof spaces

(Costello-Grilliam] :

A fact algeha* (in 2) it is a map

of peach : Open (x)*-> 20

1 = Open (4) - algoe in 23



whre Oper (x) is opened
with colors =

open subsets of X

Mul(4 , ,
. . .. Un; V) =/otherapur

disjoint
and U;

(i . e . assignment U
,
v ...Unl

-> Almia ... 0 u (un) = A (V) /

3 .
th : · /U

,) @c(Y) Ext (U , vUe)

(multiplicative)
·Colin A/U) => A(v)

u = Wd
where W is a Weiss com of
W < Open (x) th(
FSCV fin >Wew : scw)

Wa : = SUc0pm/TWEW : UCW]



Wh
ris

Example : I = Vect
, A we als , Mymodule

- fol or [0 ,
07 = x

usth
-

A(t) =

M if Of FI A otherwise

I' X interval

M
-

#Fre ((1: ) )
M A A

MGAGA -M

RMod(e)-> Factio
,of
(t)



From now or
X

,
Y, z "stratified marifed"

"

Startifiedmarifells (Ayala-Francis-Tanaka
Co-stratified spaces / Conically smooth start. spaces

A strat marifed is a stratified space
which locally looks like

D) (n , z) : = " = CZ

"a basic open disk"

where I is a seat. Manifold (compact
and

CZ : =
zx(0 ,0

zx[0]

-8 = s -·
Smooth stratified manifold.

& Conical Sur pothness]



Example : I-dim't strat space

Strata
/ 1 - dim : YC

2-dins : III

- & o-dim : 1/II-

#
abld her : ((0.0.)

Ne : if all basic dist are D(m , 0) =
Y

-> umal motion of top manifold
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Constructible factorization algebras
"the value only changes when changing Strats"

Two approaches :

-

CCG ,
Gind , AFT]

⑰ A factorization algebra it (as before) on X

is called constructible if

u(u) == A (v)

wherever U?V are both laric disks

of theA aretype
i. e, U = " = 27 = V .

⑬ CLurie
, AFT]

There is an arpand Disk(x)
with colors = (4 , p) where U : =D(n

,
7)

y
: u -X

spaces of operations
Mul((1 , e,), /Uc , +c); (V, i))

Cunstratified : constructible = locally constant)
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where " = "mear isotopy

conside AlgDish(x) (t)

Cation X
, Y, I smool that manifolds

+ assure that there are "enough good dish"

i.e. I basing of X by basic dish

which is closed under intersections.

(known X ustratified)

Ihm
Factstr,e) = Alspish(x)(2)
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Assembly of (str) fact als
fact , als . X Factx

I bally look fullike

IR" x Z En-alg (Factca)

3. splitgt Madditivity
[7 Factcz

3. ↑
Z Factz



① Local global

Ihm /Gind(unstratified) , RSW]
A fact , algele it is constructible

E It is locally constructible

(ie .

FxeX7xU : Alstr)
Question :is the assignment

Open IXP-> Cat a sheaf
u =-Facta

i. e . Fait -- him Fact
(4 , ,

.
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Awes : do not know !



#hm (Matsnoka Cunstratified) , KSW]
Faufstr is asheaf i . e.

Factstr =-ein Faufste
Un ...n Un

SU-
--

,
Un][M

whereve M is corn of V.

Additivity : open-

unstratified : Lurie
, Berry (PhD-ther's

geneal care : wish in program

Anja Suraka (
Ginjecture :

Fact (e) = Fact(Facties)



Base case [Lurie]
-

Facts() = En-alge in C

Fact str (e) = RMod(e)
Co ,8)

-

Cones ?
-

Can we des nike Factest in terms ofC7

Factstr

Theren /Braw-Rozeblyn , KSW]
The square
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zx(0 , /x(0)

-L
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induces a pullback of categories

Facts(e)
additivit rest -
↓

AssFact Fast 0,0 Factre

↓ 1
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Crestr R

RMod(t)

=
Fact

con
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Giving estr foot or17
- giving an associative algeta it

in Fact
+ a right module for fut EAss(e)
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Special case of Additivity :

Dunn's Additivity :

#n =all Emr-ul) ⑦ Entm-dg
Il

Fact Faft) EF



We do not know :

X = x1 + Xz Strat - Manifold
A multiplicative prefact als or X
-

fact . als-Weiss

D :18 Al
,
is Weiss and A/x2 Weise

Es it is Weiss


